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Corollary 7.4.7. If A C B are two measurable sets, then B\ A is also

measurable, and

m(B\A) = m(B) — m(A).
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Lemma 7.4.8 (Countable additivity). If (E;)jes are a countable col-
lection of disjoint measurable sets, then Uje] E; 1s measurable, and

m(UjeJ E;) = Zjejm(Ej)'
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Lemma 7.4.9 (o-algebra property). If (€2;);cs are any countable col-
lection of measurable sets (so J is countable), then the union ;¢ ;€2;

and the intersection ﬂjeJ Q) are also measurable.
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Lemma 7.4.10. Every open set can be written as a countable or finite
union of open bozxes.
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Lemma 7.4.11 (Borel property). Every open set, and every closed set,
1s Lebesgue measurable.
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Oviginal Defl:

Definition 7.4.1 (Lebesgue measurability). Let E be a subset of R™.
We say that FE is Lebesgue measurable, or measurable for short, iff we
have the identity

m*(A) = m*(AN E) + m*(A\E)

for every subset A of R™. If E is measurable, we define the Lebesgue
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