
 

Recall State
Rnr E C R xRn

xxRk Ex E N X XR CR

p
k

Tha M E O E almosteveryslice Exhasmeasure zero

I e Let Z ExtMCEl o then m z 0 Z CRk

0Mayassume 2 0 E is bonded

Useinner approximation a E bycompact subset K
cover k bymany or baes

INFIX noradoredthendisjointized

mCK sEmcUimove c e hallooed

EMLUi I c E

M E MCKITE ZE

Lemmy AW openÉa 0 let X xerk Imewx a WCRtxR
thenMmkcw Mr D d

mew midt x e Xa geta compact set
smoxa aKisii inti

Ex aKx cwifi xfix ow
Xa isopensince uas exa indeed

yfggf
d

A x eUex Wy TVasSKx
M W 3M Wy 3M Kx A



A k Ce Xa since Xa CYa U X
wecanhavefinitesubconerfor K
K c UCH U UXs vUch

U suck U s UKa luck Ui disjoint

m W s m ÉUex Vail 7 EmcUi x2 7 m k d

LebegueIntegral Pugh6.67 y
Let f R Co D

Def UndergraphUcf ix y Iosy fix ft
f is measurable if ucf is a measurablesubset

Jf m ucf possibly s t

If Star we say f is integrable

Notation a e almosteverywhere s upto a measure zero set
Eg fix 1 XEQ f x o a e

O else

AnMA AncAnti c As UAn

27 Let fn R co o be aseq a measurablefin and
f s f a e as now ThenSf 9Sf
There is a null set ZCR s t

T X E RIZ fiefnext fat fat x fu x
fr f Ulfn AUcf Es mcactusAmalfi
Completedgraph Ucf ex y Ocy s fix
Ucf is measurableEYEifidisarmeasurable



MUcf min f

Fact Pugh 63

If T R Rn affinelineartransformation

Tex sAxtb
E C R is measurablethen

mCT E IT MCE where IT IIet A I
t n so integer f fro

ult ca't c
qq.ggyt

o3 St

tnx 9 Yin
I Rn f is measurable
menRn f s lyingMCRnf

f n Y f a e thenStnis f f
PA mUcf smeaCf k mlactn s mUlfa f f an
St uan is Ulf

Recalt If an is a boundedsequence
an sup am m n

Ay inf am m ng
Now if fnx is aseq a fans

Fnx ssup fm x men fix
A x lin fix slim influx slimfuk s linsupfax slimfix



Propmulti s EnUstr Inex s fnexisficxi all measurable
CHUCfn AnE fr

l TX Osynfr x skn 0fmx
2 tx CO I fax

s f cofax
Thug Dominant Conergence Fnf Rt o o

Suppose wehave a seqof fn measurable fat a e
F g R o o s t gox tnx a e Sg Lo

Then Stn Sf
Sinceucfn C Ucg Mluctn SMCUg L o

UCI C Ucfn c Iif
In 9 f In y f lift Sf limSfi Sf

Stian

Iliff
Insg In integrable

Eg In a

signing

then of ptwise catg
Sfn l Sf o

E g th s n I o.tn A

MY
linfu o x 0 fn o

g
149

perhaps I
fro f a e L get intointegrable


